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Plan for talk:

1. Introduction

2. Dimension Results

3. Results on Absolute Continuity
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Introduction
� A similarity is a map g : Rd Ñ Rd such that D� ¡ 0 satisfying

||gpxq � gpyq||2 � � � ||x � y ||2

for all x ; y P Rd .

� Every similarity g : Rd Ñ Rd can be written as

gpxq � �Ux � b

for all x P Rd with � P R¡0;U P Opdq and b P Rd .
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Introduction

� Fix a probability measure supported on finitely many similarities

� �
‘
‚

i�1

pi�gi for gi pxq � �i Ui x � bi

with �i P R¡0;Ui P Opdq and bi P Rd .

� The Lyapunov exponent of � is defined as

�� � Eg��rlog �pgqs �
‘
‚

i�1

pi log �i :

� � contracting on average if ��   0.

� � contracting if �i P p0; 1q for all i
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Introduction

� If ��   0, then there exists a probability measure � on Rd such that

��n � �x0 Ñ �

for all x0 P Rd .

� � is called the self-similar measure of �.

� � is also the unique �-stationary probability measure on Rd , that is

� � � �
‘
‚

i�1

pi gi� � �:

� When � is contracting, K � suppp�q is compact and it holds that

K �
⁄

gPsuppp�q

gpK q: (1)
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Images of Self-Similar Sets
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